, [7] several important contributions to this problem, including a precise formulation of the problem in terms of his r-modules attached to the tower of fields Fn (n = 0,1,...) , which has subsequently become known as the main conjecture on cyclotomic fields. In a discovery whose importance it is difficult to overestimate, Mazur and Wiles [13] have recently proven this main conjecture by a beautiful generalisation of earlier work of Ribet [15] and Wiles [22] on the construction of unramified extensions of the fields F via points of finite order on the Jacobians of modular curves. The aim of the present expose is to give a not too technical account of the key ideas in Mazur and Wiles' proof. From lack of both space, and knowledge on my part, I shall say very little about the subtle and difficult geometry of modular curves and their reductions, even though this plays an essential role in Mazur X of A will be said to be even (respectively, odd) if X(j) = 1 (respectively, X(J) = -1 ). .
The main theorem of Mazur-Wiles
It is simplest to begin by stating the result of Mazur (note that the elements of A converge at these points). Iwasawa [6] , [7] given in [7] shows that = L(X,0 
Reduction of the problem
The first reduction of the problem is based on the generalisation of the analytic class number formula (4) to the fields Fn (n = 0,1,...) . [9] , the g e n e r a l i s a t i o n of the analytic class number formula (4) [18] , and also the discussion in § 6), we define the modular curve Xi(N)/!E by (14) and ( 15) is commutative, and is a free finitely generated S-module. In fact, the curve Xi(p)/C has a canonical model which is defined over Q (see [18] , Chapter We omit the proof of the following proposition (see [13] , [22] (20) 
~ G } , P r o p o s i t i o n 1 5 s h o w s t h a t i t s u f f i c e s t o w o r k w i t h
(the exact sequence of general fibres of (20) is just (18) This is essentially the content of [13] , and the proof is long and diffucult. The definition of the correct analogue of the abelian variety A = Ji(p)/Jo(p) for n > 0 is by induction on n . Put *~o = A , and suppose that the abelian variety &#x26;n-i has already been defined as a quotient ~n_~ : Ji(pn) --~ ~n-~ of J1(pn) . Let [1] ).
'
